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Abstract

We consider the effectiveness of targeted vaccination at preventing the spread of infectious disease in a realistic social

network. We compare vaccination strategies based on no information (random vaccination) to complete information

(PageRank) about the network. The most effective strategy we find is to vaccinate those people with the most unvaccinated

contacts. However, this strategy requires considerable information and computational effort which may not be practical.

The next best strategies vaccinate people with many contacts who in turn have few contacts.
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1. Introduction

The spread of infectious disease continues to have significant impact on society. In the first half of the
twentieth century, Reed and Frost (as described by Ref. [1]) and Kermack and McKendrick [2] developed
simple compartmental models of epidemic spread. Over time, these models were modified to more accurately
represent social structures or other details influencing disease spread [3]. Increasingly sophisticated recent
models consider the population at an individual rather than continuum scale. Some such models are
analytically tractable [4–6], while others are agent-based simulations with complex interactions [7–11].

We consider a susceptible-infected-recovered (SIR) model [3] of disease spread on a network. The outbreak
begins with a single infection, the index case. The remaining nodes begin susceptible and may become infected
if in contact with an infected node. An infected node infects each of its susceptible neighbors independently
with probability T, the transmissibility, and then recovers (with immunity). Outbreaks are classified as
epidemics or non-epidemics depending on whether the outbreak dies out at early time. The probabilityP of an
epidemic is the probability that a random index case sparks an epidemic, while the attack rateA is the fraction
infected during the course of the epidemic. With constant T the problem can be mapped to bond percolation
so the outbreak size is the component size of the index case. It follows that P ¼A [4–6].
e front matter Published by Elsevier B.V.
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Fig. 1. Properties of the agent-based EpiSimS network modeling the contacts of people in Portland, OR [7–9]. The degree distribution has

an exponential tail, except for one node with degree close to 200. The clustering coefficient is, on average, much higher for lower degree

nodes than higher degree nodes. (a) Distribution of number of contacts between people in a day as measured by the degree d of the nodes.

(b) Average clustering of the EpiSimS network as a function of degree.
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Our network comes from an EpiSimS [7–9] simulation of Portland, Oregon where a virtual population
travels through the city during a day. We represent each person by a node. Nodes are connected if the people
visit a location simultaneously. Behavior does not change, so contacts remain fixed. We disregard duration or
closeness of contact. The resulting static, unweighted network has approximately 1.6 million nodes, with
average degree of about 16. The clustering coefficient (defined by ci ¼ nn;i=ð

di

2
Þ, the number of triangles nn;i

including i divided by the possible number given the degree di [12]) is significant. Some network properties
appear in Fig. 1.

We measure a strategy’s effectiveness by its ability to prevent disease spread (in contrast, the current
strategy for influenza vaccination targets those most at risk of complications if infected). Our goal is to
identify effective strategies for controlling epidemics on networks from which guiding principles may be
distilled to apply to real-world outbreaks.

2. The vaccination strategies

We assume that vaccination occurs before the outbreak and is completely effective. Vaccination makes an
individual invisible to the disease, and has the effect of removing nodes from the network.

A Random Vaccination strategy vaccinates a fraction of the population randomly, using no knowledge of
the network. Acquaintance Vaccination [13,14] selects a node randomly and vaccinates one of its neighbors.
This requires minimal knowledge of the network, but preferentially selects higher degree nodes. If we have
information about all degrees, we may rank nodes by degree, and use Degree Vaccination [15] to vaccinate
nodes by descending degree. When a high-degree node is vaccinated, the effective degree of its neighbors
drops. Degree Vaccination with Dynamic Reranking recalculates degrees and vaccinates the node with the most
unvaccinated neighbors. This requires substantially more information. These four strategies have been
considered before, but not on a network with the realistic structure of the EpiSimS network.

We introduce three new strategies. The first uses PageRank [16], the algorithm behind the Google web
rankings. In this algorithm a random walker travels on the network, moving along a link from the current
node with probability d and jumping to a random node with probability 1� d. For web rankings, d is typically
close to 1, but we consider arbitrary values 0odo1. This algorithm depends on information about the entire
network. The weight of a node wi may be interpreted as the frequency with which it is visited at large time. The
weights are calculated through an eigenvalue problem. We expect a random walker to most often visit nodes
which can be infected or create infections along many paths, and so it should identify nodes important to the
spread of the disease.

Based on observations from PageRank, we design a new Neighbor-degree Based Vaccination strategy
(described in Section 3), which uses only information about the degrees of a node’s neighbors. This approach
achieves a result comparable to dynamic reranking, but with significantly less computational effort.
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The above strategies consider properties that are difficult to measure in real populations and change as the
vaccination fraction increases. Our final strategy is easier to measure and is not affected by vaccinating. Travel

Based Vaccination vaccinates those people who visit the most locations.

3. Results

We compare strategies quantitatively using the mean attack rate, M ¼
R 1
0

R 1
0 AdV dT , where V is the

vaccination fraction and T is the transmissibility of the disease. Smaller M indicates a more effective average
strategy, but does not ensure that the strategy is better for all V and T.

The results for the random, acquaintance, degree, and degree with dynamic reranking strategies (Fig. 2)
show that additional information about the population can be used to improve the vaccination strategy. M

drops from 0.38 (random) to 0.33 (acquaintance) to 0.29 (degree) and finally 0.25 (degree with dynamic
reranking). For larger transmissibility, there is little difference in the strategies until V is close to the epidemic
threshold.
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Fig. 2. The attack rate A for varying transmissibility T and vaccination levels V under different vaccination strategies. Additional

information about the contact network can be used to increase the effectiveness of the vaccination strategy. (a) Random: M ¼ 0:38. (b)
Acquaintance: M ¼ 0:33. (c) Degree: M ¼ 0:29. (d) Degree with dynamic reranking: M ¼ 0:25.
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Fig. 3. Results from the vaccination strategy based on PageRank. The results are remarkably insensitive to changes in d at small values.

(a) The PageRank algorithm is most effective at small d. (b) Results from vaccinating with d! 0. M ¼ 0:27.
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In general PageRank (Fig. 3) performs as well or better than vaccination by degree. We find that the best
performance occurs at d � 0:1, but the benefits change little for do0:2. We see that in the limit d! 0þ

PageRank outperforms even degree with dynamic reranking for large values of T and small values of V,
although M is slightly larger.

Near-optimal results for PageRank are found in the d! 0þ limit where we can make analytical progress

wi ¼
1� d

N
þ d

X
j2NðiÞ

wj

dj

¼
1

N
1� dþ d

X
j2NðiÞ

d�1j

 !
þ Oðd2Þ

" #
,

where NðiÞ denotes the neighbors of i, N is the population size, and dj is the degree of j. The difference in
weightings occurs at OðdÞ. The nodes are ranked based on

P
j2Ni

1=dj, so only local information is needed.
Nodes with more neighbors have higher weight, but having low degree neighbors increases their weight the
most.

We now consider using neighbors’ degrees to rank nodes. This requires less information than PageRank,
more information than vaccination by degree, and takes less computational effort than vaccination by degree
with dynamic reranking.

A simple way to incorporate neighbors’ degrees is to rank nodes by the sum of the degrees of the
neighboring nodes. However, the PageRank results suggest this will not perform well, and in fact it performs
worse than vaccination by degree ðM ¼ 0:31Þ. This occurs because vaccinating a node with many high degree
neighbors gives little protection to those neighbors. Either they will be vaccinated as well, or they are likely to
get infected from another source.

This motivates a different strategy: consider an arbitrary edge from i to j. Let r denote the probability that
this edge would transmit infection to j, without knowledge of whether i is infected. Consequently, r is T times
the probability that i becomes infected in a network with j removed. The resulting value of r for an edge is
difficult to calculate and may be correlated with other edges. For simplicity, we assume that r is edge-
independent and that transmitting infection along one edge is independent of all others.

If j has dj neighbors, these assumptions mean j becomes infected with probability 1� ð1� rÞdj . If we
vaccinate one neighbor i, then the risk for j is reduced by rð1� rÞdj�1. As a crude measure of the amount of



ARTICLE IN PRESS

V

T

0 0.2 0.4 0.6 0.8 1
0

0.2

0.4

0.6

0.8

1

0

0.2

0.4

0.6

0.8

1

Fig. 5. Travel based vaccination. M ¼ 0:33, comparable to acquaintance based vaccination.
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Fig. 4. Neighbor-degree based vaccination: results of vaccinating based on wi ¼
P

j ð1� rÞdj . The results are sensitive to the choice of r,

and the optimal value is likely to be network-dependent. (a) Neighbor-degree: MðrÞ. The optimal value of r is about 0.06. (b) Neighbor-

degree with r ¼ 0:06: M ¼ 0:26.
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protection vaccinating i provides its neighbors, we sum ð1� rÞdj�1 over j 2NðiÞ:

wi ¼
X

j2NðiÞ

ð1� rÞdj�1.

We then vaccinate nodes based on their ranking from wi.
Fig. 4 shows results. For r51, wi ¼ di þ OðrÞ, so the r! 0 limit gives the same result as vaccination by

degree. As r increases, M initially decreases, and at r ¼ 0:06 achieves its minimum2 M ¼ 0:26. At larger r, the
result is comparable to random vaccination.

We finally consider vaccinating those people who visit the most locations (Fig. 5). This performs
comparably to acquaintance based vaccination, with M ¼ 0:33. It is an improvement over random
vaccination, and requires very little effort to rank in a real-world situation.
2Although T ¼ 0:06 is also approximately the epidemic threshold in the unvaccinated case, this appears to be coincidence.
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4. Conclusions

We find that information about the contact networks structure can be used to significantly improve
vaccination strategies. Unfortunately this information is rarely available for a real population. This suggests a
need for guiding principles which may be used to design effective strategies with minimal information.

We have shown that a strategy based on the number of locations an individual visits is better than random
vaccination. This ranking is relatively easy to measure, and (unlike degree) the ranking does not change as
nodes are vaccinated. However, we find that in general our other strategies outperform travel based
vaccination.

An obvious guiding principle which we find to perform well is to vaccinate those people (such as bus drivers
or school teachers) who have the most contacts. However, a secondary principle we have identified is that the
benefit gained by vaccinating someone with many contacts is reduced if his or her contacts also have many
contacts. Therefore, consideration should be given to vaccinating those people who have many contacts with
largely solitary populations, such as people who visit many residences during their work.
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